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1.

f (x) = x3 + 2x2 – 8x + 5

� �D�� )LQG��I�ƍƍ�x)
(2)

� �E�� �L�� 6ROYH��I�ƍƍ�x) = 0

  (ii) Hence find the range of values of x for which f (x) is concave.
(2)
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Question 1 continued
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(Total for Question 1 is 4 marks)
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2. A sequence  u1, u2, u3 ...  is defined by

u1 = 35

1 = 7cos 5( 1)
2

n
n n

nʌu u+
 + − −  

 (a) (i) Show that  u2 = 40

  (ii) Find the value of  u3  and the value of  u4
(3)

 Given that the sequence is periodic with order 4

 (b) (i) write down the value of  u5

  (ii) find the value of  ur
r!
"
1

25

(3)
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i substitute noun

40 hence shown B1
ii Us 40 7 05 2 7 51112 MI

40 7005171 5

a FF.sc 51n

thiswillrepeat6timesiiIf 6 135tt 2 ts3
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Question 2 continued
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(Total for Question 2 is 6 marks)

www.mymathscloud.com

www.m
ym

ath
sc

lou
d.c

om

www.mymathscloud.com



*P72805A0648*

D
O

 N
O

T W
RITE IN

 TH
IS A

REA
  

 D
O

 N
O

T W
RITE IN

 TH
IS A

REA
  

 
 

 
 D

O
 N

O
T W

RITE IN
 TH

IS A
REA D

O
 N

O
T 

W
RI

TE
 IN

 T
H

IS
 A

RE
A

  
 D

O
 N

O
T 

W
RI

TE
 IN

 T
H

IS
 A

RE
A

  
 

 
 

 D
O

 N
O

T 
W

RI
TE

 IN
 T

H
IS

 A
RE

A

6

����������

3. Given that

log2(x + 3) + log2(x + 10) = 2 + 2 log2 x

 (a) show that

3x2 – 13x – 30 = 0
(3)

 (b) (i) Write down the roots of the equation 

3x2 – 13x – 30 = 0

  (ii) Hence state which of the roots in part (b)(i) is not a solution of 

log2(x + 3) + log2(x + 10) = 2 + 2 log2 x

   giving a reason for your answer.
(2)
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lat we needto use loglaws loglaw used
10921 31 109,1 107 2 21092xM1 logatlogblogab
109,1 311 107 2 21092x alogh Logba
109,1413 307 2 1092

2

109,17413 30 109272 2 togalogb 109g
log x 431301 2

2
13,430 4

2 13 30 4 2 dM7
03 2 13 30 henceshown Al

Ibl i 0 13 511 6
x 35 x 6 B
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Question 3 continued
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4. Coffee is poured into a cup.

 The temperature of the coffee, H  °C, t minutes after being poured into the cup is 
modelled by the equation

H = Ae– Bt + 30

 where A and B are constants.

 Initially, the temperature of the coffee was 85 °C.

 (a) State the value of A.
(1)

 Initially, the coffee was cooling at a rate of 7.5 °C per minute.

 (b) Find a complete equation linking H and t, giving the value of B to 3 decimal places.
(3)
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Question 4 continued
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(Total for Question 4 is 4 marks)
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5. The curve C has equation  y = f (x)

 The curve

• passes through the point P (3, –10)

• has a turning point at P

 Given that 

d

d

y
x

x x x k! " # #2 9 5
3 2

 where k is a constant,

 (a) show that  k = 12
(2)

 (b) Hence find the coordinates of the point where C crosses the y-axis.
(3)
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K 12 henceshown
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2x 9 1 5 12dx SimpleIntegration
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txt 3 3 3412x c
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Question 5 continued
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6. Relative to a fixed origin O,

• A is the point with position vector 12i

• B is the point with position vector 16j

• C is the point with position vector (50i + 136j)

• D is the point with position vector (22i + 24j)

 (a) Show that AD is parallel to BC.
(2)

 Points A, B, C and D are used to model the vertices of a running track in the shape of 
a quadrilateral.

 Runners complete one lap by running along all four sides of the track.

 The lengths of the sides are measured in metres.

 Given that a particular runner takes exactly 5 minutes to complete 2 laps,

 (b) calculate the average speed of this runner, giving the answer in kilometres per hour.
(4)
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Question 6 continued
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Question 6 continued
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Question 6 continued

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

_____________________________________________________________________________________

(Total for Question 6 is 6 marks)
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7. In this question you must show all stages of your working.

 Solutions relying on calculator technology are not acceptable.

 A curve has equation

x3 + 2xy + 3y2 = 47

 (a) Find  d
d
y
x

  in terms of x and y

(4)

 The point P(–2, 5) lies on the curve.

 (b) Find the equation of the normal to the curve at P, giving your answer in the form   
ax + by + c = 0 , where a, b and c are integers to be found.

(3)
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x 2xy 3y 47
3 2 2y 291 byday O Me

2 94 Gydy 3
2 2y

12 64791 3 22y MI

24 291 Bl day 3 Al

Ibl To getthegradient at aspecificpoint substitute thepoint'scoordinates

day Yi sod in

Yo gradientofthetangent

Togetthegradientofthenormal use mixme 1 togettheperpendicular
gradient remember thenormalisperpendiculartothecurve

xm 1 My

y 5 13,1x 21 dMI
Ily 55 13 26
0 13 11y 81 Al
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Question 7 continued
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(Total for Question 7 is 7 marks)
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8. (a) Express  2 cos ș + 8 sin ș  in the form  R cos(ș – Į) , where R and Į are constants, 

  R � 0  and  0 � Į � 
2

π

  Give the exact value of R and give the value of Į in radians to 3 decimal places.
(3)

 The first three terms of an arithmetic sequence are

cos x            cos x + sin x            cos x + 2 sin x            x���Qʌ

 Given that  S9  represents the sum of the first 9 terms of this sequence as x varies,

 (b) (i) find the exact maximum value of  S9

  (ii) deduce the smallest positive value of x at which this maximum value  
of  S9  occurs.

(3)
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i commondifferenced

1 2 3

la Method 7 LONGER
rewriteRcos10 a usingadditionformulaeandcomparecoefficients

costa a costcosa sinosina
RIOSO a RoofCosa Rsinesina
comparecoefficients
2050 Roosa L
85inA Rsina 8 Rsina 8

Now dividethetwo to get the identityscifftano
Idgaf If D tana 4 2 1.326rad to 3dp An

tar 4 a MI
psubstituteinto

1 L 2ft An D2517cost0 1.326

Method 2 SHORTER

PythagorasTheorem toget
I 2 t 82 P I LA Al
Nowuseadditionformulaandcompare y 2ftcos10 1.326
cosO a 2cos0Cosa 8sinosina

2Ftcos2 2 K
MI Cosa 22 cos fi a x 1.320radto3dp Al
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Question 8 continued
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9517 Alis iii Equatecos x 1.3261 1 togetthevalueofX forwhichcos war maximum
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Question 8 continued
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Question 8 continued
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(Total for Question 8 is 6 marks)
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9. The curve C has parametric equations

x = t 2 + 6t – 16            y = 6 ln (t + 3)            t � –3

 (a) Show that a Cartesian equation for C is

y = A ln (x + B)            x � –B

  where A and B are integers to be found.
(3)

 The curve C cuts the y-axis at the point P

 (b) Show that the equation of the tangent to C at P can be written in the form

ax + by = c ln 5

  where a, b and c are integers to be found.
(4)
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lat MethodI Completethesquareforx
x 1 312 9 16
x It 31225 MI

x 25 1 33
Ms1 255 1 3 seethatthisshowsupintheye equation

Substitute

y 641 25
t

useloglaw ma buna

y 361 25 Al
Method 2 manipulate y Gutta first

y Guilt13 useloglaw ma buna
MI y 361 35expandthis

3unit Gt 9 thislookssimilarto x that 16
141 361 16 9 a substitute 4Gt x116
y 361 251 Al

Method3 make t thesubjectof y
y 641 3
Mitt

et emit13
et 3
t et 3 MI

Substituteinto x
x et 3 2 6et 3 16 My
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Question 9 continued
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ITchainrulemultiplyby
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day E m Ml bracket
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Question 9 continued
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Question 9 continued
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(Total for Question 9 is 7 marks)
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10. f ( )
( )( )

x kx
x x

! "
# "
3 18

4 2
         where k is a positive constant

 (a) Express f (x) in partial fractions in terms of k.
(3)

 (b) Hence find the exact value of k for which

1

3

f ( ) d 21x x
−

=∫
(4)
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191
2 a

Forpartialfractionswe wanttoseparatethe
denominator andfindthe 2newnumerators

310 18 A x 2 B 4 B1
substitutevalues

B 32 532 18 6A A 2 3 M
Substitute AandBinto

a 2

4 A

161 f x1 dx 21

usewhatwefoundinca f I I
21 dx mx anduse

Reversechainrule divide

mm
21 2 f

derivativeofthebracket

Substitutelimits 12K31411 4 1k361121 12kt361341 K 3 61321 21

solve for k 11214374151 k 3unit 243761924,4 1
57 21

2k 31h5 K 3 ln5 21
in5 2K 3 K 3 21
In5 K 6 21
K 6 dM1

K
5
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Question 10 continued
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Question 10 continued
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11.                                

h m

10 m

20 m

5 m

Figure 1

 A tank in the shape of a cuboid is being filled with water.

 The base of the tank measures 20 m by 10 m and the height of the tank is 5 m, as shown 
in Figure 1.

 At time t minutes after water started flowing into the tank the height of the water was 
h m and the volume of water in the tank was V m3

 In a model of this situation

• the sides of the tank have negligible thickness

• the rate of change of V is inversely proportional to the square root of h

 (a) Show that

d

d

h λ
t h

=

  where  Ȝ  is a constant.
(3)

 Given that 

• initially the height of the water in the tank was 1.44 m

• exactly 8 minutes after water started flowing into the tank the height of the water 
was 3.24 m 

 (b) use the model to find an equation linking h with t, giving your answer in the form 

h At B
3

2 ! "

  where A and B are constants to be found.
(5)

 (c) Hence find the time taken, from when water started flowing into the tank, for the 
tank to be completely full.

(2)

α

t o n_1.44
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Question 11 continued
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Question 11 continued
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12.  

O 5 t

N

NA

NB 

Figure 2

 The number of subscribers to two different music streaming companies is 
being monitored.

 The number of subscribers,  NA , in thousands, to company A is modelled by 
the equation

NA = |t – 3| + 4                t . 0

 where t is the time in years since monitoring began.

 The number of subscribers,  NB , in thousands, to company B is modelled by 
the equation

NB = 8 – |2t – 6|               t . 0

 where t is the time in years since monitoring began.

 Figure 2 shows a sketch of the graph of  NA  and the graph of  NB  over a 5-year period.

Use the equations of the models to answer parts (a), (b), (c) and (d).

 (a) Find the initial difference between the number of subscribers to company A and the 
number of subscribers to company B.

(2)

 When  t = T  company A reduced its subscription prices and the number of 
subscribers increased.

 (b) Suggest a value for T, giving a reason for your answer.
(2)

 (c) Find the range of values of t for which  NA � NB  giving your answer in set notation.
(5)

 (d) State a limitation of the model used for company B.
(1)

t o
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Question 12 continued
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Question 12 continued
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13. In this question you must show all stages of your working.

 Solutions relying entirely on calculator technology are not acceptable.

 (a) Find the first three terms, in ascending powers of x, of the binomial expansion of

(3 + x)–2

  writing each term in simplest form.
(4)

 (b) Using the answer to part (a) and using algebraic integration, estimate the value of

0.4

2

0.2

6

d

(3 )

x x
x+∫

  giving your answer to 4 significant figures.
(4)

 (c) Find, using algebraic integration, the exact value of

0.4

2

0.2

6

d

(3 )

x x
x+∫

  giving your answer in the form  a ln b + c,  where a, b and c are constants to 
be found.

(5)
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Question 13 continued
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Question 13 continued
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Question 13 continued
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14. In this question you must show all stages of your working.

 Solutions relying entirely on calculator technology are not acceptable.

 (a) Show that the equation

2 tan ș (8 cos ș + 23 sin2 ș) = 8 sin 2ș (1 + tan2 ș)

  may be written as

sin 2ș (A cos2 ș�+ B cos ș + C) = 0

  where A, B and C are constants to be found.
(3)

 (b) Hence, solve for  360° - x - 540°

2 tan x (8 cos x + 23 sin2 x) = 8 sin 2x (1 + tan2 x)           x ��\��   x z 450°
(4)
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Question 14 continued
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Question 14 continued
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Question 14 continued
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15. A student attempts to answer the following question:

Given that x is an obtuse angle, use algebra to prove by contradiction that

sin x – cos x . 1

 The student starts the proof with:

Assume that  sin x – cos x � 1  when x is an obtuse angle

º (sin x – cos x)2 � 1

º ...

 The start of the student’s proof is reprinted below.

 Complete the proof.
(3)

Assume that  sin x – cos x � 1  when x is an obtuse angle

º (sin x – cos x)2 � 1
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useIdentity Usedoubleangleformula
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if x isobtuse it's in the2ndQuadrantand2x is in thethirdor fourthquadrant
so sin2xmustbenegativeand i sin2x is positiveThis is a contradiction

with sin2x o
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Question 15 continued
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Question 15 continued
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(Total for Question 15 is 3 marks)
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